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©OEMA 1o
i. v=100
ETH Vi N; f; F; fi- 360° | KENTPO KAAZEQN | O; - v;
o]
[0,5) 10 10 0,1 0,1 36° 2,5 25
[5,10) 15 25 0,15 0,25 54° 7,5 112,5
[10,15) | 40 65 0,4 0,65 144° 12,5 500
[15,20) | 20 85 0,2 0,85 72° 17,5 350
[20,25) | 10 95 0,1 0,95 36° 22,5 225
[25,30) 5 100 | 0,05 1 x’=18° 27,5 137,5
>YNOAQO. | v=100 \ 1 \ 360° \ 1350

Apa 36+54+144+72+36+x=360 < x=18" kai

f1=

f4=

v, .
fi=— < v;=f-v, enopevwd:
v
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=0,1

=0,1

v;=0,1 -100=10

v,=0,15 -100=15

v3=0,4 -100=40
v4=0,2 -100=20
vs=0,1 -100=10
Ve=0,05 -100=5

ii. pEon TR X =1
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fz =
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iii. ToulaxioTov 10 £tn epyalovrar: 40+20+10+5=75 undAAnAol.

Ta 6<paTa npoopifovTal yia anokAEIOTIKA XpAon TS pPOVTIOTNPIaKAG Hovadac
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OEMA 20
f(x) = x* = 2Inx, x>0
2 p—
i fT(x)=2x - 2 2x" =2 , x>0
X X
ii. f(1)=1
f'(1)=0
2 x>0
ii. f'(x)=0 2x" =2 =0 2x-2=0 X*=1 o x=1 A x=-1
X -0 0 1 + 00

f' (x) \ - @ +

L | [

MapaTtnpoupe oTi n f ival yvnoiwg au&ouoa yia kabe x>1.
iv. H f napouaialel ehaxioto oto x=1 T0 f(1)=1.

OEMA 3o
A.
i f)=ax+px*+1, X€R

1

Ioyuel f(; )=0 kai f(-1)=-6, apa f(; )=0<=a: 8 +|3-i +1=0< a+2B+8=0

&a+2B=-8 (1) kai

f(-1)=-6 & -a+B+1=-6 < a-B=7 (2)

ApaipwvTtag Tnv (2) anod Tnv (1) exoupe: 3B=-15 < B=-5 kal a=2.
Zuvenwg (a, B)=(2, -5).

) . . f(x) . 2x? -5x* +1
ii. Enopévwc f(x)=2x3-5x*+1 pe lim =lim 1
HeveG f(x) H X%Zx2+x—1 x% 2x% +x -1 (1)
Horner 1 Horner 2
2 -5 0 1 P 2 1 -1 |
¢ 1 -2 - ¢ 1 1
2 4 =210 2 2 0
5 1 1
(2x -4x-2)(x-§) (2) (2x+2)(x-§) 3)

Ta 6<paTa npoopifovTal yia anokAEIOTIKA XpAon TS pPOVTIOTNPIaKAG Hovadac



EnavaAnnTika ©@¢uata OEDE 2006
(2x% — 4x - 2)(x — 1)
- - . 2
Anb (1), (2), (3): lim 2 lim X2
Cr@xe(x-3) X
. 1 5, 5, 1 4, 1.8 7
-4 22 .2 2_2_ 7
3 3 3 3 6
«/x+1—x+1, 1<x=23
B. f(x)= x> —27
02_1, X:3
i. D=[-1,+)
i, lim f()=lim “Xf_(x‘l):
X3 x> -27
im [VX+1-(x-1D] [vx+1+(x-1)] _
23 (x% +3x +9)(Xx - 3) - [Vx +1 +(x - 1)]
X +1—(x-1)?
H3 (xX* +3x +9)(x=3) - [VX +1 + (x— 1)]
- n G E
X*3 (X2 +3x+9)(x =3) - [VX+1 + (x - 1)]
K3 R 3%
X’3 (x? +3x+9)(X-3) - [VX +14(x-1)]
lim -X(x-3) _ -3 _-1__1
3 (x2+3x+9)-(x-3) [Vx+1+(x-1)] 27-4 36 36
iii. Apou f ouvexng oTo Xo=3 IoXUEl I|m f(x)=f(3) e f(3)=a*1. Apa a*-1= —%

35 V35 35
— oa=—=—1
36 J36 6

< 36a%-36=-1 <> 360*-35=0 < a°’=

3535
36 6

a=

Ta 6<paTa npoopifovTal yia anokAEIOTIKA XpAon TS pPOVTIOTNPIaKAG Hovadac
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OEMA 40

i. Zuvdaptnon €00dwv ano TNV NWANCN X AEPOCKAPWV:
'EoTw f(X)=x-E(x)=3x>+20x
SuvapTnon KEPOOUG and TNV NWANGCN X AEPOCKAPWV:
K(x)=-x*+20x-30
Mvwpifoupe oTi: KEPAOZ = EZOAA-EZOAA, dnAadn K(x)= f(x)-P(x) <
< P(x)= f(X)- K(X)= 3x*+20x+ x*-20x+30=4x+30, 0<x<20

ii. P(5)=4-25+30=130 x1AiGdec €

iii. P(6)-P(5)=174-133=44 xINadeC €

iv. K’'(x)=-2x+20 xINadeG € / yovadeg npoiovTog

v. K'(x)=0< -2x+20=0< x=10

x |0 10 20

P’ (x) + @ - |

P(x) =4 ‘ "w ‘
M

Enopévae To epyocTacio npenel va kataokeuadel 10 agponAdva kaT™ €roc yia
Va EXEI TO PEYIOTO KEPDOC,

Ta 6<paTa npoopifovTal yia anokAEIOTIKA XpAon TS pPOVTIOTNPIaKAG Hovadac



